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Abstract—Spatiotemporal remote sensing imaging is one of the
most important ways to continuously monitor the Earth. Due to
some technical limitations, it is still not easy to obtain images with
high-temporal-high-spatial resolution. In this article, we propose
a new spatiotemporal remote sensing image fusion method with
semiblind deep compressed sensing (SDCS). The reconstruction
by SDCS includes two stages: compressed sensing observation
and deep post processing. In the stage of CS observation, we
design a sensing matrix to connect two spatiotemporal sequences.
It can make sure that both the RIP condition of CS and the
correspondence of spatiotemporal features are satisfied at the same
time, and then CS observation provides a good initial estimates. In
the stage of deep postprocessing, it is data-driven, and we designed
a deep CNN architecture with multivariate activation function.
The second stage not only smoothes out the noise but also reduces
the errors from unprecise sampling matrix and compensates for
the image differences caused by different imaging conditions.
The proposed method is tested on two Landsat and MODIS
datasets. Some of state-of-the-art algorithms are comprehensively
compared with the proposed SDCS. The experiment results and
ablation analysis confirm the better performances of the proposed
method when compared with others.

Index Terms—Compressed sensing, data-driven, image fusion,
model-driven.

I. INTRODUCTION

T IME-SERIAL remote sensing images have attracted con-
siderable attention of researchers in recent years. Temporal

and spatial resolutions are two of the most essential character-
istics of remote sensing data. Spatio-temporal remote sensing
image fusion (STRSIF) is a crucial technique in the field of
remote sensing. It combines the advantages of remote sensing
images with different spatial and temporal resolutions and then
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generates fused images with both high spatial and temporal
qualities.

In many remote sensing applications, we often need images
that can accurately represent both the detailed spatial features
and the densely temporal changes of the observed area. How-
ever, due to limitations in sensor technology and costs, a sin-
gle remote sensing image source usually cannot meet these
dual requirements. Some remote sensing satellites, such as
CBERS, SPOT5, GF2 [1], and Landsat provide data with high-
spatial-low-temporal (HSLT) resolution. Other satellites, such
as MODIS, AVHRR, and SPOTVGT, provide high-temporal-
low-spatial (HTLS) data because of their short revisit cycles.
More and more applications require data with high-spatial-high-
temporal (HSHT) resolution, especially for situations such as
land use/cover mapping, change detection, monitoring ecosys-
tem dynamics, etc.. STRSIF enables us to merge images cap-
tured at different times and with different spatial resolutions,
providing more comprehensive and timely information or DEM
[2], [3] for various fields such as environmental monitoring,
urban planning, agricultural management, disaster prevention,
etc. By integrating temporal and spatial information, we can
better understand the dynamic processes and changes occurring
on the Earth’s surface. Therefore, developing the STRSIF [4]
technology is highly significant [5], [6].

However, due to the limitations of orbit and sensor, it is
challenging to generate remote sensing images with both high
temporal and extreme spatial resolution. Follow the summary
of [7], for remote sensing spatiotemporal fusion, the difficulties
mainly come from three points:

1) in the temporal dimension, the dramatic uncertainty of
land feature change is hard to predict;

2) in the spatial dimension, the huge difference between high-
resolution images and low resolution; and

3) for different sensors, there are inevitably systematic errors
in the imaging process.

In this article, we analyze some essential problems of the
observation model of remote sensing image and proposed semi-
blind compressed sensing (CS) for image fusion. The rest of the
article is organized as follows: Section II is related works. We
review the observation of imaging in Section III and summarize
three fundamental problems in Section IV and introduce CS in
Section V. In Section VI, the problem definition and variable
definitions are addressed and the proposed method is presented
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in detail and the main flowchart is given. The experiments and
results are shown in Section VII. Finally, we conclude the article
in Section VIII.

II. RELATED WORKS

Current STRSIF algorithms can be roughly divided into sev-
eral categories [8] such as: weight methods, unmixing meth-
ods, Bayesian methods, sparse-learning methods, deep-learning
methods, and hybrid methods, etc.

Weight methods [9], [10], [11], [12], [13], [14] estimate the
change of information through the linear combination of HTLS
pixels according to the weight of time, spectral, and distance,
and then adds the change to the HSLT image. The classical
method in this category is STARFM [9] algorithm. STARFM
assumes an ideal case and designs weights by taking neighbor-
hood HSLT pixels in various factors to obtain an HTHS image.
There are some promotion methods: such as STAARCH [10],
ESTARFM [11], mESTARFM [12], and ISKRFM [13]. A single
weight-based method cannot ideally deal with STRSIF well
since it assumes a linear relationship basically. The trend is to
combine it with other methods or find the relationship by more
sophisticated models such as Fit-FC [14], which introduces a
regression model based on STARFM’s strategy.

Unmixing methods [15], [16], [17], [18], [19], [20] con-
sider that low spatial resolution pixels are linear mixing of
endmember contained in high spatial resolution images. These
methods generally define endmembers by preclassifying high
spatial resolution images, such as [16] and [21]. Only using
pixel unmixing, the fusion equation is difficult to solve. Some
scholars have combined STARFM and pixel unmixing methods
to carry out spatiotemporal fusion [22], [23]. Based on pixel
unmixing, fusion can be reduced to the inverse problem, which
has a clear physical meaning, and the abrupt details of land types
contained in HTLS images can be recovered to a certain extent.
However, this kind of method focuses more on the relationship
between spectrum and spatial domain. In the time domain, it is
usually assumed that the proportion (abundance) is unchanged
for different substances in the mixed pixel with low spatial
resolution. This assumption of abundance invariance seriously
weakens the ability of the model to coordinate spatiotemporal
relationships, so the final fusion results often show obvious
blocky characteristics similar to the classification map.

Bayesian methods [24], [25], [26], [27], [28] consider that
the STRSIF problem can be regarded as a maximum posterior
problem for solving the optimal state with known observations.
Therefore, how to define the relationship between the input
HTLS and HSLT images and the output HTHS images in the
form of probability becomes the key to this type of method.
For example, covariance functions are used in [24], low-pass
filterings are used in [25], and joint covariances are used in [28].
In general, numerous hyperparameters are often difficult to set
in Bayesian methods.

Sparse representation method mainly uses a specific basis
function to represent image sparsely and fuse them in the trans-
form space. The early research such as SPSTFM [29] introduc-
ing the popular nonanalytic dictionary learning into the study

of spatiotemporal image fusion. Later improvements include
reducing the number of images and increasing flexibility [29],
adding error boundary normalization [30], introducing structural
sparse [31], etc. The method based on sparse representation
often draws on the training method of double dictionaries in the
superresolution reconstruction method [32]. Under certain con-
ditions, their performance is better than the early linear method
such as STARFM. If the low-resolution data are considered as
the result of downsampling of high-resolution data, then the
problem of sampling reconstruction needs to be considered. In
this case, methods based on CS can be regarded as the extension
of sparse representation methods. Under the CS theory [33], the
reconstruction of the sampled signal no longer depends on the
bandwidth of the original signal, but depends on the structure
of the information in the signal and whether the sensing matrix
meets the isometry constraint (RIP) [33] conditions. In the field
of remote sensing image fusion, multispectral-panchromatic im-
age fusion [34], [35] have employed this idea. There is also some
research which tried to solve the exploration of spatiotemporal
image fusion based on CS [36]. However, these CS methods
mainly focus on the processing of image spatial resolution
relationship, and cannot fully explain the contradiction of spa-
tiotemporal opposition caused by different sampling frequencies
among spatiotemporal remote sensing datasets. Therefore, its
performances are often limited because the resolution difference
is large and the sampling matrix is not totally known.

Deep learning methods draw on the large amounts of data
and the progress of deep learning in superresolution recon-
struction [37] to establish implicit relationships between low
and high resolution images [38]. Deep learning methods have
powerful feature extraction ability with the support of Big Data.
Through the design of network structure and loss function [39],
the adaptability to spatiotemporal fusion can be improved, such
as STFDCNN [40], DCSTFN [41], EDCSTFN [42], StfNet [43],
and BiaSTF [44]. GAN methods show many advantages in
spatiotemporal fusion, such as STFGAN [45], GAN-STFM [46],
and CycleGAN-STF [47]. However, the architecture of gener-
ator or discriminator, the loss function, and feature extraction,
etc., all need to be consider further to adapt for spatiotemporal fu-
sion. Deep-learning based approaches have a lot of potential, but
they also face obvious problems: On the surface, spatio-temporal
fusion in remote sensing often suffers from large resolution
differences, which will lead to unstable results. The deeper
reason is that fusion of spatiotemporal remote sensing data faces
complex contradiction relationship between multiple sampling
sequences. Some existing deep learning frameworks that simply
increase the depth of neural networks or simply focus on the
way of network connections. These architectures do not clearly
reflect the nature of spatiotemporal relationship of multisource
remote sensing images, so that they are not conducive to exerting
the powerful feature learning ability of deep networks.

Hybrid methods [21], [22], [23], [48], [49], [50] are tend to
combine the advantages of several above mentioned methods
to achieve the goal of improving STRSIF accuracy. Methods
such as FSDAF [48] combined with the idea of unmixing
and weighting, which solves the information variation in the
temporal domain (by unmixing method) and spatio domain (by
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spatial interpolation). Another example is STRUM [23], which
directly blends changes in HTLS pixels by Bayesian theory
to estimate changes in HSLT endmembers for STRSIF. In the
future, the forms hybrid methods may be more diverse so that
the advantages of different approaches can be further taken
advantage of.

From another point of view, we can divide abovementioned
methods into two large categories: model-driven methods and
data-driven methods. Model-driven methods such as unmixing
methods [16], CS method [36], and BRDF [51] method are
all with clear physical meaning. On the contrary, data-driven
methods such as deep learning method, they do not take much
emphasis on physical meaning but data features. Although, data-
driven methods (especially deep learning) already show very
promising results, its stability and theory boundary is not as clear
as model-driven methods (such as CS observation model). At the
same time, in fusion process, the large resolution gap, unprecise
sampling matrix, and complex imaging condition etc. always
make the conventional CS approach less effective. Therefore, in
this article, we proposed to connect a blind CS model with deep
learning to form semiblind deep compressed sensing (SDCS).
In this new method, it include two stages: CS observation stage
and deep reconstruction stage, and then the advantages from
both CS observation model and deep feature learning can be
well utilized. In summary, the contributions of this work are:

1) Summarize the imaging model and its three fundamental
problems, and propose that CS as a special form of imaging
model can be combined with deep learning to achieve
fusion.

2) In the CS observation stage, design a sensing matrix
satisfying both sampling mapping and RIP condition to
provide an initial fusion estimation.

3) In the deep learning stage, design a deep architecture with
multivariate activation function (MAF) to further improve
the fusion effect.

In the following, we will elaborate on the proposed method
and verify the results based on comprehensive experiments.

III. MODEL OF DEGRADATION FOR REMOTE SENSING

Generally, we can take the process of remote sensing imaging
as the process of signal acquisition. In this process, we get the
signal of the ground object through the sensor. The common
forms of imaging are varied, such as optical, SAR, hyperspectral,
and even point clouds, etc. There are also geoprocesses that
need to be monitored based on special sensors, which are just
discrete signals rather than images. In almost all of them, there
are information losses or damage, so imaging is a degrading
process. As in Fig. 1, most of degradation processes of remote-
sensing images (major in optical systems) can be expressed as

Y = H ∗X + ε = H1H2 · · ·HkX + ε (1)

where Y is the degraded and observed image, X is the orig-
inal signal, H is the degradation matrix, and ε is the additive
noise. The operator ∗ is the convolution. The noise ε is often
assumed as a zero-mean white Gaussian process with variance

σ2. The total degradation H = H1H2 · · ·Hk, where Hk is the
degradation by a single factor, for example, H1, H2, and H3

can be the degradation in temporal domain, spatial domain,
spectral domain, etc. ImagesY andX can be denoted by vectors,
that Y = [y1, . . . , yN ]T and X = [x1, . . . , xN ]T . HkX is the
matrix-vector form, where Hk is convolution matrix which is
approximated by a block-circulant matrix.

The representation of different types of image degradation,
such as blurring, thin cloud, missing information, noise, shadow,
and downsampling, mainly depends on the assumption on the
degradation matrixHk. For example, whenHk is the unit matrix
we consider the image quality improvement as a denoising
problem; when Hk is the Gaussian like kernel we consider the
image quality improvement as a deburring problem; when Hk

is the downsampling matrix we consider it as an image fusion
or superresolution problem; when H represents the atmospheric
scattering model we consider the image quality improvement as
a thin cloud removal problem; when the Hk is the process of
Ray-casting reflection we consider the image quality improve-
ment as a shadow removal problem.

There have developed many different theories and methods
for different degradation model of Hk. H is the result of the
combined action of multiple degradation processes Hk, but
many studies only consider one or a few degradation processes.

IV. THREE FUNDAMENTAL PROBLEMS IN IMAGE

RECONSTRUCTION

Considering the observation model in (1), a general form of
image quality improvement (or reconstruction) problem can be
denoted as

T (H, X) = ‖Y −H ∗X‖22 + λ2ψ(X) + λ1φ(H) (2)

where ‖ − ‖22 is L2 norm, ψ(X) is the constraint for image, and
φ(H) is the constraint for transfer function.

Different types of degradation usually vary widely and lead
to different methods of solution. In this article, we believe
that, for all the studies of image quality improvement, there
are always three fundamental problems: 1) transfer function, 2)
regularization schemes, and 3) noise status. In this section, the
three fundamental problems will be comprehensively addressed
in detail.

A. Sensing Matrix (Transfer Function)

Among the three fundamental problems, the sensing matrix
or degradation matrix H is the most important. It is used to
describe the mapping between the observed image (Y ) and the
ideal image (X). It represents the most essential characteristics
of the different degradation processes. We usually discriminate
the type of degradations such as blurring, noising, shading,
clouding, etc., based on its observation model.

What is H like and how to define a H for degradation are
often the keys to image reconstruction. First, we have to define
a H for image quality improvements before all things we can
do. For example, for thin cloud removal H is pixelwise form
because the degradation for each pixel has nothing to do with its
neighborhoods; for a deblurring problem, H is a kernel function
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Fig. 1. Observation model and three fundamental problems. Image fusion is a special form of image quality improvement of generalized form.

who has far more small support than an image because the
blurring effectiveness usually only extend in a small area; for
fusion or superresolution problem, H may be a downsampling
matrix because we focus on the spatial resolution or spectral
resolution. However, how to define a good Hk or H is still very
open problem for some type of degradation. Second, it is how to
solve the model with this H. A corresponding solution method
must be developed when H is defined. The most simple one is
denoising when H is a unit matrix. For the deblurring problem
and some thin cloud removal problem, H cannot be inverse
directly because of its underdetermined characteristics. Since
the rank of H is often smaller than the dimension of H, it is a
singular matrix in most cases. Most image quality improvement
problems are ill-posed or seriously ill-posed problems. H often
is unknown making many observation equations very hard to
solve in nature.

The most famous conclusion about H may be sampling
theorem. The Nyquist–Shannon sampling theorem provides a
sufficient condition for the sampling and reconstruction of a
band-limited signal. The popular CS theory in recent years can
be regarded as an upgraded version of the sampling theorem. CS
believes that data reconstruction is mainly determined by three
factors: the structure of the signal, the way of sampling, and the

algorithm for solving. In this way, we have opened a new door
for data reconstruction research.

In the later chapters of this article, we will discuss in detail
how to carry out STRSIF based on CS theory. We can implement
image fusion from three aspects:

1) A CS observation model is used to describe the mapping
between the observed image (Y ) and the ideal image (X);

2) The deterministic constraint is obtained by using the spa-
tial position correspondence between the observed image
and the ideal image;

3) The image should be transformed to be sparse, andH need
to meet the requirements of the CS observation model by
randomness or other characteristics.

B. Regularization Schemes

Regularization schemes are used to introduce prior knowledge
and allow a robust approximation of ill-posed inverse prob-
lems, which is the second fundamental problem. Since most
degradation models are seriously ill-posed, the remote sensing
image quality improvement based on (2) will have to employ
regularization to find a stable solution. Both X and H need
regularizations, as well as ψ(X) and φ(H). The research on
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Fig. 2. Training a dictionary by group patches from both the target and
reference images [52].

definingψ(X) is more common and prosperous. In recent years,
the study of regularization has developed very fast. Almost
all smooth schemes in low-level vision tasks can be used as
regularization in remote sensing image quality improvements.

Regularization schemes are prior knowledge on X: It is an
assumption of data characteristics when solving the equation.
The most common regularization isL2 norm regularization. Due
to the popularity of variational image processing and CS, the reg-
ularization of L1 norm also plays an important role in the field.
Except for L2 and L1 regularization, many advanced methods
for low-level vision tasks are also used as regularization. For
example, as in summary of [52], the TV or partial-differential
equation method [53] makes use of the geometric features of the
image, the wavelet method makes use of the statistical features of
the wavelet coefficients [54], the MRF method makes use of the
relationship of neighborhood pixels [55], the dictionary learning
method [56] mainly makes use of the sparsity of the representa-
tion coefficients, the nonlocal means method [57] makes use of
the redundancy in the image texture features, and the expected
patch log-likelihood method [58] makes use of the statistical
features of the image patches. There are also excellent methods,
such as block matching and 3-D filtering (BM3D) [59], which
employ both the redundancy in texture and the sparsity in the
transform domain. These different regularizations are based on
different theories and assumptions, and they all exhibit promis-
ing performances. All methods are used for image-denoising
and finally employed for regularization schemes. They are all
assumptions on the characteristics of the data. Of course, the
now popular deep learning can also be seen as a general form of
regularization, and this regularization based on big data shows
more powerful capabilities. For the regularization in image
fusion, it is crucial to measure and correlate the characteristics
of multisource observation data to form complementary infor-
mation gain. As the example in Fig. 2, only by constructing a
regularization term based on complementary information gain,
which provides beneficial information of multiple sources for
solving the original dataX , can regularization be used to support
fusion problems.

Regularization and Law of Geography: We propose that reg-
ularization is the concrete embodiment of “The First Law of
Geography” in the field of remote sensing data reconstruction.
The First Law of Geography, according to Waldo Tobler, is
“everything is related to everything else, but near things are more
related than distant things” [60]. This first law is the foundation
of spatial dependence and spatial autocorrelation and is used
specifically for the inverse distance weighting method for spatial
interpolation and to support the regionalized variable theory
for kriging [61]. The first law of geography is the fundamental
assumption used in all spatial analysis [62]. Very similar, regu-
larization is exactly this kind of assumption of data, but it is for
remote sensing observation data. In the community of machine
learning, the basis or dictionary in sparse representation, the
patches in nonlocal means, or the convolution in deep learning,
are all concrete methods of regularization to find similarities
or relationships in the data by transforming them into a new
space. Furthermore, we need to refer to “the second law of
geography” as well as Law of Spatial Heterogeneity. In practical
applications, the corresponding regularization methods may be
derived from the way of the heterogeneity.

We should note that in CS theory, data properties such as
sparsity are considered together with the sensing matrix, which
is considered to be a very advanced concept in this article. The
idea is promising, and not just limited to CS. Of course, this
also shows the importance of regularization, because we need
the assumption of data characteristics for a good reconstruction.

C. Noise Status (Balance of Power)

The noise status will determine the Balance of Power in the
solution of the object function (2), which is the third fundamental
problem. In the equation for image quality improvement, the
fidelity term mainly provides the power of antidegradation,
while the regularization term mainly provides the power for
equation stability. The most important characteristic of the two
powers is that they are the unity of opposites. First, they are
oppositive because antidegradation will enhance the texture de-
tails of the image but regularization will smooth out a part of the
texture details. Second, they are unitive need each other because
antidegradation can provide input information for regularization
and regularization can suppress large noise in antidegradation
to avoid contaminating the images.

As in (2), λ (λ1 and λ2) denote the balance between the two
powers of antidegradation and regularization. In most cases, it is
taken as a hyperparameter problem. First, since the ground truth
image is unknown, we cannot directly judge how much noise
and how many texture details there are in the current image. As
a result, it is very hard to set the values of λ when solving the
equation. Second, the fidelity term is often a linear form, but
the regularization term can be either a linear or nonlinear form.
If the initial noise in the observation data Y is known and the
regularization term is linear, the values of λ can be precisely
estimated. It means that we can set the optimal hyperparameter
in solving the linear equation. However, most of advanced
image quality improvement methods involved highly nonlinear
regularization or even nonlinear fidelity. As a result, the strength
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Fig. 3. Examples of coupling noise with synchronization simulation for different advanced nonlinear regularization. For PDF regularization, the synchronization
equation is constructed with gradients. For nonlocal means regularization, the synchronization equation is constructed with the kernel of features. For deep learning
regularization, the synchronization equation is constructed with activation functions. The synchronization equation model present the relationship between noise
state and quality improvement. The noise equation interacts with the data equation and iterates synchronously. The correlation between noise state and quality
improvement process is quantified, the statistical characteristics of residual noise can be accurately estimated, and the two processes of noise removal and quality
improvement can be coordinated.

of the two powers is both anisotropic and dynamic, especially
for nonlinear regularization. This is the fundamental cause of
the difficulty in finding the balance between the two powers.

Coupling noise with synchronization simulation: The regular-
ization parameter maintains the balance between the regulariza-
tion term and the fidelity term. The selection of an appropriate
regularization parameter has been the object of studies in the
field of inverse problems, and some classical methods address
the issue, such as cross-validate, L-curve, discrepancy principle,
and Bayesian estimation etc. However, these classical methods
are hard to directly use in advanced nonlinear regularization. To
correctly estimate the status of the noise remaining in the image,
we believe that coupling noise by synchronization simulation is
promising [63]. As in Fig. 3, it synchronously iterates a synthe-
sized noise with the observed image in the solving procedure.
The similarity in the statistical properties of the real noise and
the synthetic noise can be maintained in iteration. We then
establish the relationship between the statistical characteristics
of synthetic noise and the regularization parameter. In every
iteration, the regularization parameter can be calculated by using
a derivable formula for the relationship.

D. Deep Learning Versus Imaging Model

For the early studies of data reconstruction, an explicit model
with a clear observation model plays more important role.
However, with the development of deep learning and automatic
feature learning, it is possible to weaken the observation model
such as (1). We can find that based on popular deep learning
methods in recent years, it seems possible to reconstruct data
without these three fundamental problems. However, the three
fundamental problems with data reconstruction have not gone
away. The deep learning approach, because it is an implicit
model, actually solves them in a special way all together.
The perception matrix that plays the role of mapping and the
regularization that maintains the stability of the equation have
changed their forms, and they are implemented in the ways of
convolution, connection, activation, pooling, even attention, etc.
The process of fusion can be easily realized in the hidden layers
of CNN or other deep architectures, where the physical meaning
of the observation or data distribution model is dramatically
weakened. We call this kind of trend of fusion as implicit model
and data-driven, which is denoted as in [4].

In a typical method of implicit model and data-driven, we do
not need to consider the observation equation Y = H ∗X + ε.
One of the advantages is that the fusion process can avoid
some problems resulting from the complexity of H, especially
for heterogeneous remote sensing data, etc. However, the ex-
plainability or interpretability of the fusion becomes so weak
that we cannot judge how and why the fusion produces better
performances in some cases. Furthermore, data-driven methods
often show overfitting in some cases. Another problem is that
data-driven reconstruction usually needs more training data and
more computation sources. We believe that both model-driven
and data-driven methods have their advanced merits. Explicit
reconstruction with observational models is still very valuable,
especially in fusion reconstruction scenarios that require clear
physical meaning. There are already studies that try to com-
bine the two schemes in fusion. This article will also develop
this bidirectional-driven approach, based on semiblind CS, to
achieve spatiotemporal fusion.

V. COMPRESSED SENSING

In this section, we address the model of CS, which is a special
case in observation model and data reconstruction and will be
used in the following process of spatiotemporal data fusion.
CS [33] is an efficient way to acquire and reconstruct a signal
from a series of sample measurements. For an original remote
sensing signalX ∈ RA, similar to (1), the observation Y ∈ RB

can be represented as

Y = ΦX + ε (3)

where Φ is the measurement matrix mapping from RA to RB ,
B is typically much smaller thanA, and ε is the noise. Matrix Φ
represents a dimensionality reduction. Many studies have been
made for restoring X from Y . For signal X , such as remote
sensing image, it is usually sparse in some domains and can be
represented by the basis D:

X = Dα (4)

where α are the coefficients of X with the basis D, and D is
an atom set which is also denoted as a dictionary. With above
definitions in (3) and (4), observation Y is expressed as

Y = ΦDα+ ε. (5)
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Fig. 4. Problem definition. The HSLT images and HTLS images are at time
t1 and t2. The unknown image at time t2 needs to be estimated.

Finally, the objective function of a CS problem is

min
α

|α|0 , subject to Y = ΦDα. (6)

The minimization of �0-norm in (6) can be converted to �1-
norm problem when restricted isometry property (RIP) [64],
[65], [66] (for Φ and D) is satisfied. By this way, the converted
problem of �1-norm is solvable in polynomial time. Imposing
�2-norm on the data-fitting term, and applying a Lagrangian
form, (6) becomes

min
α

|α|1 + λ ‖Y − ΦDα‖22 . (7)

In the next section, CS model is applied to spatiotemporal data
fusion and used to present the resolution relationship between
multisource images.

VI. SPATIOTEMPORAL DATA FUSION

A. Problem Definition of Spatiotemporal Data Fusion

In this article, the known and unknown variables in the STR-
SIF are shown in Fig. 4. For the task of STRSIF, all images
need to be accurately matched in a unique geographic location.
Both HTLS and HSLT images are calibrated to the same physical
quantity. The images involved in STRSIF are: one pair of images
with HSLT image X1 and HTLS image Y1; and one pair of
images with HSLT imageX2 and HTLS imageY2. The unknown
HTHS image X2 is the target that needs to be estimated. For
convenient, the symbol definitions used in this article are listed
in Table I.

In this part, we design a two-stage deep-CS model for spa-
tiotemporal image fusion. At the first stage, the observation
model of (3) is taken as forward model, and the observation
matrix is only partly known. At the second stage, the deep
networks as postprocessing of CS are added into our fusion.
This postprocessing not only smooths out the noise and artifact
in the initial estimation but also compensates for the errors from
the unprecise downsampling matrixM . Many studies [67], [68]

TABLE I
SYMBOL TABLE

[69], [70] categorized this method into deep CS. We can also
call it bidirectional-driven method as it includes in both forward
model-driven and backward data-driven.

B. Spatiotemporal Data Fusion With CS

For the problem of spatiotemporal data fusion, we use the
CS to represent the relationship of images with different spatial-
resolutions. As in Fig. 4, our goal is to predict an image of with
high spatial resolution of Landsat ETM+ at time kwith one pairs
of Landsat ETM+ and MODIS images (acquired at k − 1) and
one MODIS image (acquired at k). For arbitrary time k, there is

Yk =MkXk + εk (8)

where the MODIS image Yk is defined as the observation
downsampled from Xk, and Mk (same as Φk) represents the
downampling operation. They are similar to the observation
equation of CS. If αk is sparse enough (Xk = Dkαk) and the
sensing matrixMkDk satisfy RIP condition, αk (as well asXk)
can be solved uniquely in polynomial time.

It seems like a solvable problem since it is not difficult to find
Dk that can sparsely represent spatiotemporal data. However,
in spatiotemporal data fusion, there are at least three issues that
we need to give special considerations. First, spatiotemporal
data fusion is based on two temporal sequences, so in the
reconstruction we can make use both the sparse characteristics
and the spatiotemporal correlation characteristics. Second, the
measurement matrix Mk is unknown, which makes the it far
more difficult than common CS problem. Third, due to the sit-
uation that images are acquired by different sensors in different
conditions (such as time, spectrum, resolution, etc.), it is often
difficult to ensure RIP. Therefore, extra constraints should be
introduced into the fusion model based on (7), which will help
us find its solution. Since they are two temporal sequences, we
can assume that X2 is not far from X1. Then for time k = 2,
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there is

Lα(D,α) = λ1‖X1 −Dα‖2F + λ2‖Y2 −M2Dα‖2F + |α|1
(9)

where Dα = X2, and λ1 and λ2 are the parameters. We need
to notice that we do not use D1 and D2 but only D. In time
sequence images, we can assume that D1 ≈ D2, and they are
both sparse enough to represent our target image X2.

More important, in (9), there are two ways that provide
information to our target X2: one is the observation model of
downsampling, the other is its similarity to the neighborhood
imageX1. Obviously, it will be more suitable to find aX2 in (9)
than in a single CS model of (7). However, it is still not enough to
reconstruct a fusion imageX2, because the measurement matrix
M2 is unknown and it is difficult to ensure RIP condition for CS.

Without a determined measurement matrixM2, it will lead to
a blind CS problem. Since we can know some information about
M2 by neighborhood images, it is a semiblind CS problem. In
next section, we will discuss how to estimate a sampling matrix
M2.

C. Design Sampling Matrix for Spatiotemporal Data Fusion

One of the key points for CS reconstruction is the relationship
between the sampling matrix (measurement matrix) and dictio-
nary, which belongs to the first fundamental problem mentioned
above. To meet this requirement, commonly used measurement
matrices include Gaussian matrices, Bernoulli matrices, partial
Fourier matrices, partial random Toeplitz or circulant matrix, and
partial Hadamard matrix, etc. The coherence of a matrix falling
within the lower and upper bounds helps us to reconstruct the
image effectively.

However, in spatiotemporal fusion, we have not totally deter-
mined sampling matrix. It is semiblind CS since there is only
a partly known sampling matrix. STRSIF with semiblind CS
puts new requirements on constructing sampling matrix. On
the one hand, the sampling matrix should reflect the projection
relationship of different resolution in remote sensing images,
rather than a completely random matrix. On the other hand,
the sampling matrix needs to be incoherent with the sparse
transformation matrix (dictionary) as far as possible to meet
RIP condition.

As in (5) and (9), when α is sufficiently sparse, it is necessary
to ensure that M2 and D are incoherent. Obviously, matrix M2

will be incoherent with D when it satisfies high randomness.
However, the high randomness ofM2 in STRSIF is not practical.
The reason is that M2 represents a downsampling process from
high spatial resolution to low spatial resolution, so it means
that M2 must be able to describe both the feature structure and
sampling relationship of spatiotemporal images. Therefore,M2

should not be a completely random matrix. In this article, we for
first time proposed that the fusion problem needs to establish
a semirandom observation matrix that satisfies both the spatial
correspondence and the random property.

The semirandom observation matrix must exist, but it is not
easy to find accurately. We can design the sampling matrix based
on more relaxed conditions. Let us review the RIP condition.
Let Σk be the union of all subspaces spanned by all subsets of

k columns of M2. The matrix M2D has the restricted isometry
property (RIP) adapt M2 with δk referring to [64], [65], [66] if

(1− δk)‖α‖22 ≤ ‖M2Dα‖22 ≤ (1 + δk)‖α‖22. (10)

We can understand formula (10) as: M2D will be better if
this product matrix is almost orthogonal. In addition, since
the time sequences are similar in image features, we have
reason to assume M1 ≈M2 ≈M . When considering both the
downsampling relationship between spatiotemporal data and
the fundamental RIP condition in CS, we construct a new object
function for measurement matrix as

LM (M) = η1‖Y1 −MX1‖2F
+ η2‖Y2 −MX2‖2F + ‖I−MDDTMT ‖2F (11)

where I is a unit matrix. Term ‖I−MDDTMT ‖2F means
MD(DM)T is very close to unit matrix I, as well as MD is
a orthogonal matrix. We actually implement the RIP of (10) by
constraints of ‖I−MDDTMT ‖2F . SinceD is known,M is not
necessary to be very high random but incoherence to a knownD.

For an existing D, to find the solution of M , the object
LM (M) is rewritten as

LM (M)

=

∥∥∥∥∥
[√

η1Y1√
η2Y2

]
−M

[√
η1X1√
η2X2

]∥∥∥∥∥
2

F

+ ‖I−MDDTMT ‖2F .

(12)

For the simplicity, it is changed as

LM (M) = ‖Y −MX‖2F + ‖I−MDDTMT ‖2F (13)

where Y is the matrix for [
√
η1Y1,

√
η2Y2]

T , and X is
[
√
η1X1,

√
η2X2]

T . We take the derivative of the object function
with respect to M and get

∂LM

∂M
= 2(YX T −MXX T ) +

∂‖I−MDDTMT ‖2F
∂M

= 0

(14)

where

∂MDDTMT

∂M
= (DDT +DTD)MT . (15)

The derivative of the second term is

∂‖I−MDDTMT ‖2F
∂M

= (I+ IT )MDDT + 4MDDTMTMDDT . (16)

Bring (16) into (14), we have

2(YX T −MXX T )+2MDDT +4MDDTMTMDDT = 0.
(17)

Since MDDTMT ≈ I, there is

2(YX T −MXX T ) + 2MDDT + 4MDDT = 0. (18)

Rearrange it as

M(XX T − 3DDT ) = YX T . (19)
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The estimated sampling matrix is

M = YX T (XX T − 3DDT )−1. (20)

It is worth to notice that X2 in X is not really known, so the
sampling matrix M will be updated with each new X in the
iteration.

In the CS stage of spatiotemporal data fusion, we need to first
find a dictionaryD, and then use (11) and (20) to find a sampling
matrix M , and finally predict the target image X2 by (9). The
dictionary D is relative easy to train. In practice, (9) and (11)
can also be alternatively solved as (21) shown at the bottom of
this page.

When both D and M are solved, we finish the first stage of
deep CS model. However, the semiblind CS reconstruction with
a partly known M and over large resolution gap is still prone to
instability only by regularization of l1 norm as in (9). We need
to introduce more information by deep features of images into
the fusion process.

D. Add Deep Network as Postprocessing into Fusion

As mentioned above, a single CS reconstruction only by the
first stage is hard to provide a precise and stable fusion for the
target image. The constraint items of sparsity for representing
the HTHS image can effectively maintain the fusion result to
a certain extent. However, a single sparse regularization is not
enough. This belongs to the second fundamental problem in
Section IV. Due to the large difference in resolution between
HTLS image and HSLT image and unprecise sampling matrix
M , the fusion results will be degraded, especially for small detail
features and changing areas.

In this case, we implement the second stage reconstruction
by deep learning, which is also a special case of deep CS as
pointed in [71]. The estimation in the second stage is defined as:
X̃2 = F(X̂2, Y2, X1 : θ), where F(·) which is a deep network
architecture, θ are parameters in the network, and the reference
image such as X1 and Y2 and initial estimates X̂2 (from CS)
are inputs. Combining with object function Lα(D,α), it is kind
of deep CS by the taxonomy of [71]. It means that we need
samples of true X2 in the training stage, which are from other
time sequences, and its loss function can be denoted as

Loss(X̂2) = ‖F(X̂2, Y2, X1 : θ)−X2‖22 (22)

where X̂2 = Dα̂ and X̂2 is the initial estimation from CS, and
X2 is the ground truth image in training pairs. In this article, in
addition to L2 loss in (22), we also use L1 norm and structure
similarity loss at the same time.

Now we have a deep CS with the second stage in the fusion
process as in Fig. 5. The deep CS with two stages belongs
to both model-driven and data-driven. The information from
CS observation is model-driven, but the information from deep
learning F(X̂2, Y2, X1 : θ) is data-driven. CS reconstruction

with sampling matrixM is explicit butF(X̂2, Y2, X1 : θ) recon-
struction is implicit. They all have their advantages. CS model-
driven is explainable and easy to known which features can be
reconstructed. Deep feature with data-driven can utilize more
information from external data and improve the performance
of fusion. We can also call this method as bidirectional-driven
model.

Specifically, as in Fig. 6, we design a parallel CNN structure
for second stage F(X̂2, Y2, X1 : θ), where the target image X̂2

and the reference image X1 and Y2 are all transformed into the
similar feature space by the convolutional layers. Since we have
a CS initial estimates, in the second stage, the fusion reconstruc-
tion does not adopt regular branch aggregation structure as many
existing research. We proposed to integrate the information in
a new way: features from different branches enter into a new
MAF to fuse the reconstruction of X2.

Before presenting the proposed MAF, we first review the
active process of feature layers in conventional CNN. The well-
known ReLU activation function [72] is defined as

f(x) =

{
x x ≥ 0
0 x < 0

(23)

where x is the feature value in the arbitrary index from the
convolutional layers.

ReLU in (23) or Leaky-ReLU [73] as the activation function
are commonly used in many networks as they are simply opera-
tion and improve the sparseness of the network. For information
confluence from multiple branches, the judgments by a con-
ventional activation function are not always correct. Especially
when there are many errors from CS reconstruction, it is hard to
decide how many details should be removed or reserved.

We believe that the priors from neighborhood data (Y2 orX1)
can be introduced in deep reconstruction by a more direct way. In
this article, we propose a parallel deep CNN structure (PD-CNN)
with a MAF for the fusion in the second stage. The PD-CNN is
constructed with three similar deep CNNs as in Fig. 6. The inputs
are image X̂2, X1, and Y2, and the output is X̃2. All the three
branches have the same convolutional layers. To reduce system
errors, X̂2 andX1 are styled toY2 by AdaIN [74] function before
entering into MAF. We can think that PD-CNN transforms all
input image into the similar feature space. We need to compare
the feature values of the three images, and determine which are
the important image features and the error of CS reconstruction.
Therefore, We consider using the information of the reference
image to assist the activation of the features of target image. A
new activation function gm is defined as

gm(xcs, xa1, xa2, y2) =

⎧⎪⎪⎨
⎪⎪⎩
xa2 + xcs xa2 ≥ 0, xa1 ≥ 0
xa2 · l + xcs xa2 ≥ 0, xa1 < 0
xa2 · l xa2 < 0, xa1 ≥ 0
xa2 · l + y2 xa2 < 0, xa1 < 0

(24)

{
Lα(D,α) = λ1‖X1 −Dα‖2F + λ2‖Y2 −MDα‖2F + |α|1
LM (M) = η1‖Y1 −MX1‖2F + η2‖Y2 −MX2‖2F + ‖I−MDDTMT ‖2F . (21)
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Fig. 5. SDCS reconstruction with two stages. At the first stage, we design a sampling matrix and provide an initial estimation; at the second stage, we construct
deep architecture to make the final estimation by compensating for the spectral and spatial features.

Fig. 6. Second stage reconstruction by PD-CNN architecture. gm(·) is the
MAF. ResBlock is the block of residual networks. AdaIN is the adaptive instance
normalization.

where l is a leak parameter that represents the slope, y2 represent
the feature values from Y2, respectively, xa1 is the feature values
of X1 out from AdaIN function, and xcs is the feature values of
X̂2 out from AdaIn function. xa2 is with the similar definition as
xa1. For the proposed PD-CNN, there are two types of activation
functions. The conventional ReLU activation function as in (23)
is used in the network of ResBlock. The proposed activation
function of gm in (24) is used in the interval between different
ResBlocks.

In the proposed activation function gm(xcs, xa1, xa2, y2),
there are four inputs and four cases, which provide more in-
formation for activation. For the first case, when xa2 ≥ 0 and
xa1 ≥ 0, it means the features from t1 and t2 are both remark-
able, and then features directly from CS initial reconstruction
and their styled feature all need to be reserved. For the second
case, when xa2 ≥ 0 and xa1 < 0, features directly from CS
initial reconstruction should be multiplied by leak parameter.
For the third case, when xa2 < 0 and xa1 ≥ 0, it means that
features are changed in time dimension, and the initial estimate
xcs is eliminated and only the styled feature is reserved. For the
fourth case, when xa2 < 0 and xa1 < 0, the features from t1

and t2 are both negative so that in addition to multiplying leak
parameter we use y2 to compensate for the activation. Overall,
MAF gm is piecewise function, so that it is more suitable for
the task of information fusion in the multibranch networks for
postprocessing.

Now, we have designed PD-CNN with MAF for the second
stage of deep CS reconstruction (X̃2). The combination of two
stage reconstruction is with both model-driven and data-driven
reconstruction. The complete semiblind CS fusion model is
shown in Fig. 5.

E. Data Preprocessing and Complete Fusion Model

1) Data Preprocessing: Data preprocessing is a necessary
way to enhance the sparsity of data and to find a reasonable
local M for semiblind CS. Especially for the first stage, it is
unrealistic to use a single sampling matrix M to represent all
feature relationships between HTLS images and HSLT images,
because Landsat and MODIS data inevitably suffer from system
errors, interferences in imaging and abrupt changes in land
cover, etc. In this article, to ensure the stability and robust in
semiblind CS reconstruction, we use group sparse representation
in dictionary learning and group CS in matrix M training.

Similar to [75], for an arbitrary ith HTLS image and HSLT
image at time k are segmented into patch set Xi

k and Y
i
k. To

balance feature diversity and sparsity, each patch dataset Xi
k,

is clustered into C classes according to the Euclidean distance,
as well as Xk = {x(i,c)k }Cc=1. For the HTLS image, we have a

similar patch set Yi
k = {y(i,c)k }Cc=1. However, each cluster in

Y
i
k is created by allocating each patch to its nearest cluster

center corresponding in X
i
k. For each subclass, we search for

a corresponding dictionary D(i,c)
k . The sampling matrix M (i,c)

k

is trained using the cluster pair 〈x(i,c)k , y
(i,c)
k 〉. More detailed

description on patch groups refers to [75]. In this way, the
localization dictionary more sparsely represents the data and the
localization sampling matrix is adaptive, so that the condition
of reconstruction for CS is more easily satisfied.
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After preprocessing, for the arbitrary ith pair subclass
〈x(i,c)k , y

(i,c)
k 〉 in image {Xi

k, Y
i
k}, the training and prediction

are all similar. Therefore, for convenient, we eliminate the index
(i, c) and only use {Xk, Yk}2k=1 as a group in derivation formula
of performing fusion.

2) Complete Fusion Model: Now we summarize the com-
plete fusion model. As illustrated in Fig. 5, it includes two
stages: the CS initial estimation and the postreconstruction by
deep learning.

At the first stage, an initial estimation is obtained by CS
reconstruction. There are three unknown variables D, α, and
M in CS reconstruction. Dictionary D can be found by solving
(9) by group sparse representation. Each patch group has an in-
dividually trained dictionary D and individual sampling matrix
M . Sampling matrix M is a solution of (20). M is only partly
known and disturbed by condition of image acquisition. The
solution of (20) will make sure that both the RIP condition of CS
and the correspondence of spatiotemporal features are satisfied
at the same time. Matrix M is also adaptive and correspond
to local D. Therefore, the local downsampling matrix within
a group is easier to be estimated and the intrinsic mapping
relationship of spatiotemporal data is better established. At
the end of the first stage, we have a new training dataset as
{{Xi

1, X
i
2}, X̂i

2, {Y i
1 , Y

i
2 }}Ni=1, where X̂i

2 is the initial estima-
tion by CS.

At the second stage, after the initial fusion X̂i
2 is already

generated, we need to use the PD-CNN structure with MAF to
reconstruct the image based on the initial estimates X̂i

2. PD-CNN
structure has three branch, and it is added as a postprocessing of
the fusion after CS reconstruction. The new dataset are organized
as Fig. 6 and input into of PD-CNN for deep reconstruction. One
of key problem is to decide what features should be activated
and what information should be introduced into the final fusion
image. The newly designed MAF function can help to utilize the
reference information of neighborhood spatiotemporal image.
The other key problem is to reduce system errors in this stage, so
that we use AdaIN block for the two branches. The second stage
not only smoothes out the noise but also reduces the errors from
unprecise sampling matrix and compensates for the influences
by different imaging conditions.

Now, we summarized the training steps of SDCS as Algo-
rithm 1. The predicting steps is similar to Algorithm 1 but only
performs prediction in the second stage.

VII. EXPERIMENTS AND RESULTS

A. Study Areas and Data Sets

In the experiment, four open source datasets for the ColeamB-
bally Irrigation Area (CIA),1 the Gwydir Downstream Catch-
ment Area (LGC),2 the Ar Horqin Banner (AHB) and Tianjin 3

were used to test the proposed model.
CIA is an image dataset of Australia’s summer crop growing

areas. It is 43 km high in the north–south direction and 51

1https://dx.doi.org/10.4225/08/5111AC0BF1229CIA
2https://dx.doi.org/10.4225/08/5111AD2B7FEE6LGC
3https://doi.org/10.1007/s11432-019-2785-y

Algorithm 1: Training for STRSIF with SDCS.

Input: Training dataset Str = {{Xi
1, X

i
2}, {Y i

1 , Y
i
2 }}Ni=1

The First Stage:
1: Preprocess training data Str: generate patches and

construct patch group as Section VI-E1
2: Training the dictionary D by (9)
3: Construct the sampling matrix M by (20)
4: Make an initial estimate with (9) and get X̂i

2

The Second Stage:
1: Construct new training data

Ŝtr = {{Xi
1, X

i
2}, X̂i

2, {Y i
1 , Y

i
2 }}Ni=1

2: Use training data Ŝtr to training the second-stage
network PD-CNN in Fig. 6.

Output: D, M , and PD-CNN

km wide in the east–west direction. The dataset consists
of Landsat-7 ETM+ and MODIS image pairs to form the
MODTRAN4 product. The image size of Landsat-7 ETM+
is 720 × 2040. For each pair of images, the MODIS image
is interpolated to the same size as the Landsat-7 image. In
both CIA and LGC, the band number of Landsat-7 ETM+ and
MODIS images is 6. There are 17 pairs of cloud-free images in
the CIA dataset. In CIA as in Fig. 7, image phenology changes
significantly with the change of time.

LGC is about drainage areas in northern New South Wales.
It is 80 km high from north to south and 68 km wide from
east to west. The image pairs are Landsat-5 TM image and
MODIS MOD09GA product image. Landsat-5 TM satellite
image size is 3200 × 2720. Again, MODIS data are upsampled
to the same size as Landsat images. There are 14 pairs of
images in the LGC dataset. The scenarios provided by LGC
are mainly watershed areas. With the change of time, the land
cover changes significantly.

AHB, located in Ar Horqin Banner of Inner Mongolia
province, China, is a dataset that spans 51 km in the north–south
direction and 48 km in the east–west direction. The dataset
comprises Landsat-8 OLI and MODIS image pairs to form the
AHB dataset. The image size of Landsat-8 OLI is 2480 × 2800
with six bands. For each pair, the MODIS image is resampled
to match the spatial resolution of the Landsat-8 image. The
AHB dataset features 27 pairs of cloud-free images, capturing
significant phenological changes in rural areas over time.

Tianjin is in the northern municipality of China, which covers
an area of 68 km in the north–south direction and 66 km in the
east–west direction. This dataset is composed of Landsat-8 OLI
and MODIS MOD02HKM image pairs, known as the Tianjin
dataset. The Landsat-8 OLI images measure 2100 × 1970 with
six spectral bands. Similar to the AHB dataset, the MODIS
images are interpolated to the pixel dimensions of the Landsat-8
images. The Tianjin dataset includes 27 pairs of cloud-free
images, illustrating substantial phenological changes in urban
areas throughout the different seasons.

https://dx.doi.org/10.4225/08/5111AC0BF1229CIA
https://dx.doi.org/10.4225/08/5111AD2B7FEE6LGC
https://doi.org/10.1007/s11432-019-2785-y
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Fig. 7. Examples from CIA (a), (b),(e),(f) and LGC (c), (d), (g), (h) dataset, from which we can observe that there are significant phenological changes. (a) CIA,
t1 = 2002108. (b) CIA, t2 = 2002117. (c) LGC, t1 = 20050302. (d) LGC, t2 = 20050403. (e) CIA, t1 = 2002108. (f) CIA, t2 = 2002117. (g) LGC, t1 =
20050302. (h) LGC, t2 = 20050403.

To illustrate the effectiveness of the experiment, experiment
setting, quantitative comparison, qualitative comparison, and
ablation are introduced in following sections.

B. Experiment Setting

To validate the proposed STRSIF method of semiblind deep
compressive sensing (SDCS), we compared SDCS with seven
state-of-the-art algorithms (MLFF-GAN [7], FSDAF [23], ED-
CSTFN [42], GAN-STFM [46], ECPW-STFN [50], SRSF-
GAN [76], and STFDiff [77]) to prove its effectiveness. Both
quantitative and qualitative comparisons are carried out com-
prehensively. We also show the function of different parts in
SDCS by ablating different parts of its two stages of deep CS.

In the experimental setup, all datasets are partitioned into
training and testing subsets. In the CIA dataset, the training
subset consists of 11 groups, each containing the first ten pairs of
images in chronological order, while the testing subset includes
the next five groups in time sequence. Each group contains two
pairs of images that are adjacent in time. Similarly, in the LGC
dataset, the training subset consists of nine groups, while the
testing subset includes the remaining four groups. Similarly, the
first 20 groups of pairs of images from the AHB and Tianjin
datasets will be employed for training, while five groups will
be selected for testing. In the training phase, image pairs from
the later period are allowed to be used as known images, while
low-resolution images from the previous period are allowed to
be used as MODIS images of input at prediction time.

To evaluate the fusion results, we compare the results to the
ground truth. Several evaluation indicators are used to evaluate
the experimental data. They are the root mean square error
(RMSE), the mean absolute loss (MAE), the structural similarity
(SSIM), and the spectral angle mapper (SAM). Among them,
RMSE, and SSIM mainly depends on spatial details, but SAM
mainly reflect on spectral loss.

C. Quantitative Comparison

For quantitative comparison, eight algorithms SDCS, STFD-
iff [77], ECPW-STFN [50], SRSF-GAN [76], MLFF-GAN [7],
GAN-STFM [46], EDCSTFN [42] and FSDAF [23] participated
in the experiments. STFDiff [77], ECPW-STFN [50], SRSF-
GAN [76], EDCSTFN [42], GAN-STFM [46], and MLFF-
GAN [7] are deep-learning based methods. EDCSTFN [42]
solely utilizes the architecture of a convolutional neural
network. GAN-STFM [46] and MLFF-GAN [7] mainly adopt
the architecture of generative adversarial networks. For FSDAF,
EDCSTFN, STFDiff [77], ECPW-STFN [50], SRSF-GAN [76],
and MLFF-GAN [7], the input data include a low-resolution
image at the prediction time and a pair of recent low- and
high-resolution images. In contrast, for GAN-STFM [46], the
input data include a low-resolution image at the prediction time
and a recent high-resolution image. FSDAF [23] is a popular
nondeep learning method based on weight and unmixing, which
exhibits good performances. In addition, we noticed that the
GAN-STFM [46] algorithm only requires two input images.

Table II shows the quantitative index evaluation of the
eight algorithms on CIA, LGC, AHB, and Tianjin datasets,
respectively.

For CIA dataset, in most cases, the proposed SDCS shows
better performances. However, deep learning algorithm MLFF-
GAN [7] also show some good performances, and in some cases
its quantitative index overpasses some of other methods. This
may be attributed to its multilevel feature fusion strategy. For
LGC dataset, in most cases, the proposed SDCS shows better
performances than others. Surprisingly, conventional algorithm
FSDAF [23] performs well on the SAM metric, achieving the
highest mean rank, which indicates that FSDAF [23] effectively
preserves spectral information. SDCS ranks second in terms of
mean SAM, closely trailing FSDAF [23], further demonstrating
the robustness of the proposed method in mitigating spectral dis-
tortion. For FSDAF [23], we speculate that the pixels in the LGC
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TABLE II
RESULTS OF CONTRAST EXPERIMENTS ON CIA, LGC, AHB AND TIANJIN DATASETS

TABLE III
ABLATION EXPERIMENT ON CIA DATASET

dataset are easy to be classified into their right categories, so that
FSDAF [23] method can find their appropriate endmember in
spectral unmixing and then show more precise fusion results.

For AHB and Tianjin datasets, the SDCS model demonstrates
superior performance across most metrics when compared to
other models. SRSF-GAN [76], MLFF-GAN, STFDiff [77] also
achieve good performances. On the AHB dataset, the SAM
metric is slightly inferior to that of SRSF-GAN [76]. Both
SRSF-GAN [76] and MLFF-GAN [7] achieve relatively good
results, indicating that an appropriate generator, supplemented
by adversarial loss, holds potential for spatiotemporal image
fusion. However, the training of GANs is often plagued by
instability and mode collapse issues. STFDiff [77] incorpo-
rates the noise injection and denoising strategy from diffusion
models for spatiotemporal fusion, yet its sampling steps are
time-consuming and need a substantial amount of data to train an
effective denoising model. In contrast to these models, the SDCS
method proposed in this article employs a hybrid architecture
that integrates both model-driven and data-driven approaches,
eliminating the need for adversarial structures, and achieves
better results than GAN-based and diffusion-based methods.
This further underscores the effectiveness of the proposed ap-
proach. Noticeably, ECPW-STFN [50] does not performs as
well as other deep learning methods in all datasets in most
cases. We speculate that this may be due to the wavelet trans-
form not complementing the network architecture mentioned in
their article effectively. In contrast, the CS method combined
with PD-CNN proposed in this article, yields very promising
results. For deep learning methods, a network architecture needs
to be more suitable for spatiotemporal fusion to have better
performance.
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Fig. 8. Visual results of 8 algorithms on CIA dataset. In each subgraph, the lower graph represents the Mean Absolute Error (MAE) map. (a) Real. (b) HR t1.
(c) FSDAF. (d) EDCSTFN. (e) MLFF-GAN. (f) SRSF-GAN. (g) STFDiff. (h) ECPW-STFN. (i) GAN-STFM. (j) SDCS.

Spatiotemporal fusion as an ill-posed problem is difficult to
achieve good performance only using model-driven schemes and
handcraft features. For SDCS method, the CS reconstruction
provide a good initial estimation for fusion, at the same time
the second stage with plenty of parameters can well reduce
the prediction error of the CS model. Relatively speaking, the
overall performances of the bidirectional-driven method SDCS
are better than the both deep learning and nondeep learning
methods.

Table VI presents a comparison of the parameter count, com-
putational load (multiply–accumulate operations, MACs), and
inference time (seconds per image) across various deep learning
methods. MACs and inference time require the network to
process a 256 × 256 image 6 spectral bands. ECPW-STFN [50]
and EDCSTFN [42] have relatively fewer parameters, which
may be a direct cause of their suboptimal results. In comparison
to other high-performing networks such as MLFF-GAN [7] and
SRSF-GAN [76], SDCS has fewer parameters and a reduced
computational load. Our proposed method achieves relatively
superior performance with a lower parameter count and minimal
computational requirements. Regarding inference time, the first
phase of SDCS does not utilize GPU acceleration, resulting

in a significant time expenditure. Except for the STFDiff [77]
model, the inference time of all deep learning models is not much
different. The sampling process of STFDiff [77] inherently leads
to a notable lag in inference speed compared to the other models.

D. Qualitative Comparison

Fig. 8 (CIA dataset), Fig. 9 (LGC dataset), and Fig. 10 (Tianjin
dataset) are visual comparisons for different methods. Aided
by CS initial estimation and the design of MAF, the proposed
SDCS in most cases reconstructs fusion images by less errors.
Top Figs. 8(a), 9(a), and 10(a) are real images at the predicting
time. Top Figs. 8(b), 9(b), and 10(b) are images at the reference
time. Top Figs. 8(c)–(j), 9(c)–(d), and 10(c)–(j) show the local
images of results by false color (band 1, 2, and 3) from different
algorithms. At bottom of each subfigure shows the difference
map between real image at the reference time and real image at
the target time.

For the abruptly changed regions, most methods show ob-
vious errors, although all of them can reconstruct a large part
of features by fusion. In the white circle areas, SDCS also
predicts some wrong changes, but the wrong prediction is
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Fig. 9. Visual results of 8 algorithms on LGC dataset. In each subgraph, the lower graph represents the mean absolute error (MAE) map. (a) Real. (b) HR t1.
(c) FSDAF. (d) EDCSTFN. (e) MLFF-GAN. (f) SRSF-GAN. (g) STFDiff. (h) ECPW-STFN. (i) GAN-STFM. (j) SDCS.

greatly weakened due to the constraints of two stage recon-
struction. After CS reconstruction providing initial prediction,
the MAF can further determine the intensity when injecting
the features of the high-resolution image at reference time or
the features of the low-resolution image at the prediction time.
For GAN-STFM [46], because only two images are taken as
input, it is easy to retain the error caused by different sen-
sors so that as in Fig. 8(i) the white circle areas with abrupt
differences from the previous image will have greater predic-
tion errors. On the LGC, AHB and Tianjin dataset, the white
circle areas also show the similar performances as the CIA
dataset. In most cases, SDCS shows fewer errors where there
is abrupt changes between the prediction time and the reference
time.

For the smoothly or slightly changed regions, most of the
methods show good fusion results. In the red circle areas, for
example, in bottom Fig. 8, the red circle areas in the images are
close to dark blue, so it means that the change is very small. In
red circle areas, FSDAF [23] algorithm shows very less errors in

the bottom Fig. 9(c). But for other areas, the FSDAF [23] clas-
sification process for end-members does not adaptively change
with dynamic features, so the deviation in these areas will be
very obvious and this reduces its overall performances. We can
observe that, there are also some small errors in these areas
by the deep learning methods in bottom 8(c)–(j), 9(c)–(j), and
10(c)–(j), because deep learning method may rely too much on
the learned experiences. The prediction of MLFF-GAN [7] and
SRSF-GAN [76] in Fig. 9(a) and (f) errors are not so obvious.
SDCS in Figs. 8(j), 9(j), and 10(j) performs much better when
compared with other deep learning methods in slightly changed
regions.

For the some transition areas which are not so abruptly
changed but more serious than a slight changed, the perfor-
mances of different methods are quite different. For example,
in the areas between the red circle and white circle, SDCS often
shows fewer prediction errors, because the fusion for local and
global features benefits from the design of two stage SDCS. In
Fig. 8, FSDAF [23] in Fig. 8(c) is close to SDCS in Fig. 8(j).
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Fig. 10. Visual results of 8 algorithms on Tianjin dataset. In each subgraph, the lower graph represents the MAE map. (a) Real. (b) HR t1. (c) FSDAF.
(d) EDCSTFN. (e) MLFF-GAN. (f) SRSF-GAN. (g) STFDiff. (h) ECPW-STFN. (i) GAN-STFM. (j) SDCS.

In Figs. 9 and 10, SRSF-GAN [76] and MLFF-GAN [7] are
close to SDCS. We believe that the CS initial estimation and
MAF postprocessing all take into positive effects in the fusion
of these areas.

Overall, SDCS performs better in visual on all datasets when
compared with other methods.

E. Ablation Experiments

Ablation experiments encompass two aspects: First, the ab-
lation of network components, including the effectiveness of
AdaIn and MAF. Second, the ablation of methods of the initial
phase, i.e., comparing the initial results generated by other
methods with the CS-based approach proposed in this article.

1) Ablation of Network Components: There were four ab-
lation experiments: 1) one stage only with CS reconstruction
Fig. 11(g); 2) two stage by CS+CNN but without AdaIn and
MAF [Fig. 11(h)]; 3) two stage by CS+CNN+AdaIn but with
out MAF [Fig. 11(i)]; 3) complete model in which CS, CNN,
AdaIN, and MAF are all added [Fig. 11(j)]. The results for the
four stages are listed in Tables III and IV. In the CS stage, there
will be a relatively significant error, as this stage focuses more
on the reconstruction of spatial information, while the spectral

TABLE IV
ABLATION EXPERIMENT ON LGC DATASET
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Fig. 11. Results of ablation experiments on CIA dataset. (a) Real image. (b) HR t1 (c) Stage1-LapSRN. (d) Stage1-LapSRN+Stage2. (e) Stage1-ECPW-STFN
(f) Stage1-ECPW-STFN+Stage2 (g) Stage1-CS. (h) CS+CNN but without AdaIN and MAF. (i) CS+CNN+AdIN but without MAF. (j) Our complete model.

transfer is delegated to AdaIn and MAF. Optimal results are
achieved when both AdaIn and MAF are fully activated.

Fig. 11(g)–(j) are the visual comparison of four stage ablation
experiments for the CIA dataset. we can clearly observe that
when CS, CNN, AdaIN, and MAF are added into the model in
turns and the errors will be reduced. The visual comparison of the
ablation experiment is basically consistent with the quantitative
analysis of the previous ablation experiment in Table III.

2) Ablation of the CS Stage: Table V and Fig. 11(c)–(j)
illustrates the impact of different first-stage methods on the
final outcomes. Among them, LapSRN [78] is a commonly
used super-resolution method embedded in OpenCV [79], and
ECPW-STFN [50] is one of the deep learning approaches. The
experimental results indicate that, although the error in the CS
first stage is relatively large [see Fig. 11(g)], by integrating the
proposed second-stage method, more superior results [see Fig.
11(j)] can be achieved compared to both LapSRN [78] and
ECPW-STFN [50]. LapSRN [78] is solely a super-resolution
method, and due to its poor initial spatial resolution [Fig. 11(c)],
the final outcomes [see Fig. 11(d)] are also not optimal.
Combined with Table II, it can be observed that the proposed

TABLE V
ABLATION EXPERIMENTS OF DIFFERENT STAGE I METHODS ON CIA AND LGC

DATASETS

second-stage network can significantly enhance its performance
when combined with the input from ECPW-STFN [50], which
fully demonstrated the robustness of our second-stage method.
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TABLE VI
PARAMETERS, MACS, AND INFERENCE TIME OF SEVEN DEEP LEARNING

METHODS

VIII. CONCLUSION

In this article, we proposed a new SDCS method for spa-
tiotemporal fusion. To deal with the large resolution gap, un-
precise sampling matrix, and complex imaging condition, etc.,
the SDCS method is bidirectional and consists of two stages:
the CS observation stage and deep reconstruction stage. The
advantages from both CS observation model and deep feature
learning can be well utilized. The contributions of this work
mainly are: in the CS observation stage, we design a sensing
matrix satisfying both sampling mapping and RIP condition to
provide an initial fusion estimation; in the deep reconstruction
stage, we design a deep architecture with MAF to further im-
prove the fusion effect. In the experiments, both quantity and
quality comparisons were conducted for the proposed SDCS and
other methods (FSDAF, MLFF-GAN, EDCSTFN, etc.). SDCS
shows better performances in most cases on both abrupt change
areas and transition areas. At the same time, the effectiveness of
CS, AdaIN, and MAF in SDCS were evaluated in the ablation
experiment. Overall, both of the contrast and ablation experi-
ments confirmed the advantages of SDCS when compared with
the other five methods on CIA, LGC, AHB, and Tianjin datasets.
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